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Summary.--Three cellulose-nitrate model wings, identical except I0r rib flexibility, have been tested under conditions 
reproducing typical engine loads. Stress distributions have been found experimentally by means of electrical resistance 
strain-gauges. The distribution due to an abrupt change of torsion has been compared with a theory by Williams, 
and that due to an abrupt change of shear with a theory by Taylor. 

Local stresses at the engine nacelle are found to be appreciably higher in practice than would have been predicted 
by either of these theories. The discrepancies, moreover, are found to increase with rib flexibility. 

1. Introductior~.--The practice of designing wings with overhanging engines leads to the 
application of concentrated loads to the wing s t ructure  at the engine nacelles. 

The premature failure of two wing specimens just outboard of an engine nacelle, whilst under- 
going static strength tests, has drawn at tention to strains induced by such concentrations. 
In neither case would the theoretical increases in stress, above tha t  predicted by the normal 
engineers' theory of bending, due to abrupt changes of torsion as dealt with by  Williams 1 or due 
to abrupt  changes of shear as dealt with by  TayloP, have accounted for the failures. Williams's 
theory is based on an assumption of closely spaced rigid ribs and tha t  of Taylor on the assumption 
that  the additional stress due to an abrupt change of shear is uniform across sections of the wing. 

The present investigation, using cellulose-nitrate models, was made to check whether these 
assumptions are tenable when endeavouring to calculate the stress distribution. 

2. Description of Tests.--2.1. The Specimems.--Three cellulose-nitrate models were made 
reproducing the essential characteristics of a semi-span wing, with light spars and heavy stringers. 
They were identical except for the rib construction and were basically rectangular boxes, without 
taper, three feet long and with cross-sections six inches by  two inches. 

The ribs, at two-inch pitch, were of three types. The first model employed ribs -~-in. thick 
with large central cut-outs, representing ribs which would be suitable for the insertion of fuel 
tanks. They were connected to the front and rear spars of the box and to the undersides of the 
stringers. There was no at tachment  directly to the top or bottom skin. The ribs of the second 
model differed in tha t  they were without the central cut-outs and only 0.040-in. thick, the 
method of at tachment  remaining the same. Ribs as for the second model (without central cut- 
outs and 0.040-in. thick) were used for the third model but  with a further difference from the 
first in tha t  the ribs were extended to reach tile top and bottom skins of the box. Slots were 
provided in the ribs, for the stringers to pass through, and the ribs were cemented all around 
their periphery so that  there was a sealed bulkhead between each rib bay. A ~- in .  diameter 
hole was drilled in each rib to equalise tile air pressures inside and outside the model. 

* R.A.E. Report Struct. 64, received 18th August, 1950. 
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Initially, each model incorporated, at one section a single plain sheet of cellulose nitrate to 
represent an engine nacelle and to act as a loading frame. Subsequent modifications were made 
to this loading frame to find the influence of the method of at tachment  of the nacelle to the 
wing on the strain distribution. 

The boxes were aI1 built in at the root using a wooden plug inside and an outer fitted case, also 
of wood. The tip ribs were a quarter of an inch thick and considered stiff. 

The material used in the construction of the models was a thermoplastic of the nitro-cellulose 
type. 

Fig. 1 shows the general arrangement and details of the specimens, the different types of rib 
being shown in Fig. 2. A photograph of two of the models is included as Fig. 3. 

2.2 Loading Conditions and Test Cases.--The loading conditions at tile engine nacelle were 
as follows: 

Case No. 1.--A down load, on an engine frame consisting of a single plain sheet of cellulose 
nitrate L-in. thick affixed to the bottom skin, front spar, and one-sixth of the top surface 
of the model, at a rib section 14 in. from the root. The load was applied well forward of 
the front spar. 

Case No. 2.--A repeat  test of Case 1 with the loading frame slit so that  load was applied to 
the front spar only (see Fig. 1). 
Case No. 3.--A down load at the  front spar and an equivalent up load at the rear spar 
producing an abrupt change of torque at the loading section (It should be noted tha t  this 
also produces local abrupt changes of shear on each spar). 
Case No. 4. - -Equal  up loads at both front and rear spars giving an abrupt change of shear 
at the loading section. 

The details of the initial loading frame, as used under  Case 1, together with the amend- 
ments incorporated for subsequent tests, a re  shown in Fig. 1. 

Preliminary tests showed that,  not only was there a considerable change in Young's modulus 
of the model material due to temperature and humidi ty  changes, but tha t  there were even local 
variations in a model itself. To overcome this difficulty the following procedure was adopted. 
After each test load had been applied, and removed, andbefore  atmospheric conditions had time 
to alter appreciably, strain-gauge readings were again taken with a single up-load applied to the 
wing tip. Thus, each case was accompanied with a 'cal ibrat ion t e s t '  with a single tip load. 
The analysis is based on the comparative strain-gauge results of the two sets of readings without 
direct reference to the Young's modulus of the material. The ratio of Young's modulus to the 
Shear modulus is still required for the theoretical analysis and this has been taken as 3, giving 
a value Of 0.5 for Poisson's ratio. 

The absolute values of the loads applied were determined by  the strength of the model. The 
ratio of the tip load to engine load was such tha t  the ratio of the bending moment at the engine 
nacelle due to the tip load, to the torque applied a t  the loading frame, was approximately the 
same as that  on a full-scale test where a wing failure had occurred. The tip load was 20 lb, 
giving a bending moment of 20 × 22----440/1b in. at the nacelle, a n d  the engine load under 
Case 1 was 10 lb, giving a torque of 106-2 lb/in, at the centre-line of the box, i.e., a ratio of 4.15 
t ocompare  with the full-scale test figures of B.M. -- 14.30 × 106 lb/in, and torque 3..02 X l0 s 
with a ratio of 4.74. 

I t  was convenient, in most cases, to increase the engine load to give greater strain-gauge 
deflections and, thus, greater accuracy. The results were reduced to give the equivalent strain 
measurement under a torque of 106-2 Ib/in. before any analysis was carried out. 

2.3. Strain Measurements.-=The strain was measured with electrical resistance strain-gauges. 
200-ohm self-adhesive gauges were attached by embedding them in a solution of cellulose nitrate 



dissolved in acetone. The gauge length was ½ in. and the gauge factor (ratio of fractional change 
of resistance to change of strain) 2.2. Direct strains on ly  were measured throughout. 

The usual dummy system s employing strips of the model material for mounting the dummy 
gauges individually was not used. Three models were used for the investigation and only one 
was tested at a time. Thus it  was possible, by  matching the resistance of corresponding gauges 
on all the models, to use either of the two models not being tested as a complete dummy specimen 
to provide temperature and humidi ty  compensation for the one under test. 

Measurements were made at 36 positions giving the variation in  strain along the corners of 
the boxes and across two or three sections. Fig. 4 is a key to the gauge positions. 

2.4. Measurement of Rib Stiffness.raDial gauges were at tached to the corners of each model, at 
the first rib outboard of the engine loading frame, to show the relative rotation of the rear spar 
to the bottom surface of the box. This gives a measure of the change in shape of the cross-section 
under torque and, hence, an indication of the relative rib stiffness between the models. 

3. Results.--Mean values of the measurement of rib stiffnesses are given in Table 1. This 
table gives the relative rotation of the rear spar to the bottom surface, at the first rib outboard 
of the loading section (a distance from the loading section equal to the spar depth), on all models 
under the three torsional loading cases. 

No at tempt  has been made to deduce actual strains in the models. As noted above the strains, 
under each loading case, are tabulated as a proportion of the strains produced by a load at the tip. 
In the analysis the following procedure is adopted: 

Cases 1, 2 and 3.--(a) Results from these cases have been reduced to give the equivalent 
strain-gauge readings for a total  torque of 106.2 lb/in., i.e., the torque as produced by  a load of 
10 lb on the engine frame as originally built (The actual loads applied are given in Table 1). 

(b) For a gauge a distance y inboard of the engine mounting frame and a distance x from the 
model tip we have strain-gauge readings of A units under a load W1 applied at the tip and B 
units (i.e., the equivalent value as found in (a)) under a load W~ on the overhanging engine 
frame. This reading of B units  is due not only to pure torsion applied at the loading frame but  
also to the bending effect of the engine load when considered as acting at the flexural centre. 
In order to compare the experimental results with Williams's theory, which deals with the stresses 
induced under pure torsion, a correction is needed for this bending effect. 

Thus an overall bending moment Wlx at the section through the gauge position due to the tip 
load gives a reading of A units and therefore a load W~ on the engine mounting frame producing a 
bending moment of W2y at the same section will give a reading of {A (W~y/W~x)} units due to 
bending alone. 

The gauge reading due to the torsional effect will therefore be {B -- (W~y/Wlx)A}. 
, This correction to the B reading applies only to gauges inboard of the loading section. 

(c) These corrected values (i.e., B units outboard of the engine loading frame or 
{ B -  (W2y/W~x)A} inboard of the loading frame) have been divided by tl~e readings g iven  
by  the wing tip load acting alone (i.e., A units). The results have been noted as percentage 
concentrations. Thus the term ' concentration ' as used here denotes the local increase of stress 
above that  found from the simple engineers' theory of bending. ~ 
i Case 4.- -An identical,procedure with tha t  used  for the other cases has been adopted but  in 

this case the results were first reduced to give the equivalent readings for an abrupt change 
of shear of 10 lb. 

Table 2 lists the percentage concentrations at each gauge position under all four loading cases. 
I t  !~should be noted tha t  the gauge positions on the firS~t model ~ffe~, from those on the other two 
and the results cannot be compared directly. 
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The theoretical concentrations on the lille of the gauges, along the edges of the box, have been 
calculated by  Williams's method using the assumption of stiff ribs and the application of a pure 
torque at the loading section. With  these assumptions the theoretical concentrations are the 
same under the first three loading cases and for all three models. These theoretical concentra- 
tions have been plotted in Figs. 5, 6 and 7. Fig. 5 incorporates the experimental results from 
all three models under loading Case 1 and Fig. 7 the results, again from all three models, under 
loading Case 3. Fig. 6 includes plots of points obtained by  an addition of the experimental 
results obtained in loading Cases 1 and 4. The presence of the slits in the engine loading frame 
for loading Case 2 weakened the models considerably and it was not advisable to load the model 
with more than 10 or 15 lb, even when strengthening fillets had been provided on the front spar. 
Concentrations from this case have only been quoted for the two sections adjacent to the loading 
frame, for at other sections the readings are comparable with the amount of strain-gauge drift 
and are therefore not very reliable. This case has not been plotted in a similar fashion to the 
other two. 

For the fourth case the theoretical concentrations due to a single abrupt change of shear have 
been estimated using Taylor 's theory, assuming that  the additional stress due to an abrupt change 
of shear is uniform across sections of the wing. Fig. 8 shows curves of theoretical concentrations 
compared with experimental results along the four edges of the boxes for all three models. 

Figs. 9, 10 and 11 give pictures of the strain distribution on sections across the top and bottom 
surfaces of the models. The concentrations, under all loading conditions, calculated from the 
readings of the gauges on sections A, B and C (see Fig. 4) have been plotted on a separate figure 
for each model. Each figure shows the variation between the four loading cases. 

4. Discussion of Results.--Except for the ribs the models were identical so that  all differences 
in results, other than experimental variation, must be at t r ibuted to the change in rib stiffness 
which, although probably small in itself nevertheless plays an important  part  in deciding the 
strain distribution. 

Note t h a t  theoretically the concentrations or reliefs on the top and bottom skins of the models 
are the same. Experimental ly this is not so and this fact gives an appearance of scatter to the 
plots of the strain-gauge results. A close examination of the points on either the upper or lower 
surface of the spars (they can be distinguished readily from the convention used in plotting) 
reveals a fairly consistent pattern. 

More attention is paid to the results obtained outboard of t h e  loading section, for these have 
suffered no preliminary adjustments (see section 3(b)) such as have been made to the gauge 
readings inboard. 

4.1. Rib Stiffness.--The following points emerge from the study of the relative rotation of the 
rear spar to the bottom surface on all models under the three torsional loading cases (see Table 1): 

(a) Case 1 gives a false picture of the shape-retalning properties of the ribs as the loading 
frame itself acts as a heavy stiffener in  the vicinity of the section where the measurements were 
made. 

(b) There is an apparent low rib stiffness of Model 3 under loading Case 2; this result is con- 
sidered to be wrong and has been ignored*. 

(c) The method of a t t achment  of the ribs to the skin is of greater importance in re ta in ing the 
cross-sectional shape than the method of construction of the rib itself. The Case 3 results show 
that  there is little difference between Models 1 and 2, with ribs attached only indirectly to the 

* NOTE: The  resul ts  from this  loading case were more  l iable  to  error  as the  dial  gauge readings were r a the r  small,  
pa r t i cu la r ly  for the  rear  spar,  due to the  s t rength  l imi ta t ion  on the  load  which could be applied~ This is no t  a l toge ther  
a sa t i s fac tory  posi t ion b u t  the  a t t a chmen t  of a different loading frame, f o r  use in Case 3, d id  n o t  allow a fur ther  check 
to be made.  
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skins through the stringers, although the ribs themselves are quite different. Both models undergo 
considerable distortion whilst Model 3 completely retains its shape. Under this case the relative 
rotations of the rear spar to the bottom surface for Models 1 and 2, at the first rib outboard of the 
loading section, were 0.82 and 0- 85 respectively. This corresponds to a shear angle of 0.16 deg 
in the worst case. Due to this similarity of Models 1 and 2 they have, in general, been referred 
to collectively, in the discussion tha t  follows, as ' flexible rib ' models. Furthermore, the use of 
the term rib stiffness, or rib flexibility, implies the ability, or inability, of the rib with its attach- 
ment to the skin to maintain the shape of the cross-section when under load. 

4.2. Pure Shear Effects (Case 4).--A theory due  to Taylor, on the stresses in built-up beams 
due to an abrupt change of shear at the loading section, has been used to compare with the 
experimental results. The section constants have been calculated treating each model as a box 
beam. The theory is really intended for spars and we should not expect too close an agreement 
with our results. A study of Figs. 8, 9, 10 and 11 reveals: 

(a) Models 1 and 2 show an increase in stress concentration over the stiff rib model, of the 
order of 50 per cent, close to the loaded section. 

(b) The theoretical peak stress concentration, on the spars, is of the same order as tha t  found 
experimentally but  the calculated rate of die away, along the spars, is much greater. 

(c) The experimental results show tha t  for each model at any section the stress concentration 
is a maximum at the spars dying away rapidly, with reversal of sign (giving a relief of stress), 
towards the centre of the section. The relief, in the centre, is of the order of 20 to 50 per cent 
of the concentrations at the spars. 

(d) The theoretical values obtained at the first two sections outboard of the loading frame are 
an approximation to the mean stress concentration across the top and bottom skins, a l though,  
as noted under (c), the experimental values differ a great deal from the mean. 

4.3. Pure Torque Effects (Case 3).--The following points are noted from Figs. 7, 9, 10, 11. 
(a) There are marked differences between the first two models, with ribs at tached to the skin 

only through the stringers, and the stiff-rib model: 
(i) Stress concentrations on the front spar, and stress reliefs on the rear spar, adjacent to 

the loading frame, are of the order of 100 per cent greater than on the stiff-rib model. 
(ii) For the flexible-rib models the die away outboard of the loading frame is such that  

there is a reversal in sign of the stress concentration towards the tip. This is not the case for the 
stiff-rib model (No. 3) where the concentrations die away exponentially to zero. 

(b) Comparisons with the theoretical solution due to Williams shows that :  
(i) for the stiff-rib model, close to the loading section, experimental results are slightly greater 

than the theoretical (order of 20 to 30 per cent). T h e  concentrations or reliefs, depending on 
whether we examine the front or rear spars, fall rapidly to below the theoretical values as the 
distance from the engine frame is increased. This peculiarity is supported by  a previous experi- 
mental  investigation carried out by Williams and Smith 8 on a tube constructed of spruce and 
birch ply. For convenience a figure of Ref. 3 has been included here as Fig. 12. The curve gives 
the bending moments induced in the spars of a tube under all applied torsion at an intermediate 
section. The bending moments are not referred to the direct bending moments, which would 
obtain under tip loads, to give concentrations such as have been calculated in this note. The 
general pat tern of the curve is, nevertheless, the same as given by the present tests. 

(ii) for the flexible-rib models concentrations or reliefs are of the order of 100 to 150 per Cent 
greater, at sections close to the loading frame, than those' predicted by theory. Furthermore, 
the die-away fac{or is not, now, a simple exponential as the stress cortcentrations and reliefs fall 
to zero in approximately a distance equal to twice the spar depth and then change sign, although 
outboard of this point they are not of a high order. 
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(c) I t  should be pointed out tha t  the to rquewas  not applied in a ' Batho ' distribution to the 
loading section, i.e., equal up and down loads were applied to the front and rear spars whilst the 
' Batho ' theory assumes, not only equal up and down loads on the front and rear spars (smaller 
than actually applied), but  also equal fore and aft loads on the top and bottom skins so as to 
apply a uniform shear per inch to the whole section. This was also the case in the previous 
experimental investigation. Now this results in local abrupt  changes of shear at the spars greater 
than would have been the case with a Batho distribution of loading.  Consequently, although 
there is no overall abrupt change of shear on the model, it would be expected tha t  similar effects 
to those produced under the Pure Shear Case (No. 4) would occur near the loading section. 
That  this is so is borne out by  a s tudy of Figs. 9 to 11, which give the stress distribution across 
sections of the models, for they reveal tha t  the stress distribution is not linear across the top and 
bottom skins at the  first section outboard of the loading frame, but  is peaked at the spars, where 
the load is applied, dying away in an exponential manner towards the centre of the section. 
At a distance equal to the spar depth away from the loaded section, i.e., at the second section 
investigated outboard of the loading frame, the distribution, within the limits of experimental 
accuracy, is linear as would be expected under pure torque. These remarks must be borne in 
mind when interpreting the facts noted under (a) and (b) above. 

4.4. Combined Loading Effects (Case 1).--Fig. 5 gives a picture of the results obtained for all 
models under  loading Case 1, i.e., an overhanging engine load on a stiff frame. The following 
poin tsare  noted: 

(a) On all models the stress concentrations are greater on the front spar than the reliefs on 
the rear spar. 

(b) In the case of the first two models (with flexible ribs) the concentrations o n t h e  front spar 
can be as much as 70 per cent greater than tha t  predicted at the loading section assuming (i) stiff 
ribs and (ii) tha t  the concentration is due solely to the bending stresses induced by torsion. 

(c) For the third, and stiff-rib, model the concentrations on the front spar only exceed the 
theoretical by  approximately 20 per cent at the first section outboard of the loading section. 

~ Comment (a) can be explained fairly readily, for the effect of torsion is to give concentrations 
on the front spar and reliefs on the rear spar whilst the abrupt  change of shear leads to concen- 
trations on both front and rear spars. 

Assuming then  tha t  the concentrations found experimentally are due not only to the torsion 
applied but  also to the abrupt change of shear, a bet ter  comparison with theory can be made 
than given in Fig. 5. The results from loading Case 4 are due to a total  upward load of 10 lb 
and the results from Case 1 are due to a downward load of 10 lb plus a torsional load. Adding 
the values of the concentrations obtained under these two cases gives an estimate of the concen- 
t r a t ions  to be expected under pure torsion, and it is these results which should be compared 
with the theoretical curves. Too good an agreement should not be expected for the method of 
dispersion of the change of shear into the structure is different. The comparison has beenmade  
in  Fig. 6 and we see tha t  the correspondence is much improved in tha t  the results from front and 
rear spars are similar and closer to the theoretical solution. We note, too, tha t  the mean of the 
concentrations and reliefs on the top and bottom of the spars is now less than the theoretical. 

4.5. Combined Loading Effects (Case 2).--Although the experimental results of this case have 
been included in Figs. 9 to 11, no comment has been made in view of their general unreliability. 

5. :Conclusions.--5.1. The stress distribution, on a wing structure, imposed by an overhanging 
engine load, is considerably changed, leading to higher stress concentrations, by  the shear  
distortion of the cross-section. The term concentration as used here denotes the local increase 
of stress above tha t  predicted by  the simple engineers' theory of bending. 
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5.2. For  a s t ruc ture  wi th  stiff ribs, the  effect of equal  up and  down loads applied to the front  
and  rear  spars at  one section on the  stress pa t t e rn  prevail ing from a load at  the  tip, is to give 
concent ra t ions  apprec iably  greater ,  of the order  of 20 to 30 per cent ,  t han  those calcula ted 1 at  
the  loaded section. The ra te  of die away  is, however,  also greater  and  concent ra t ions  fall rapidly,  
wi th in  a dis tance equal  to two spar depths,  to below the  theoret ical .  

Indica t ions  point  to the fact t ha t  if the  torque  had  been applied as a uni form shear  per inch 
all a round  the section the concent ra t ions  would  have  been everywhere  below the  theoret icaF (or 
at  the  most  equal  to the theoret ical  at  the  engine frame), the  observed increase at  the  loaded 
section being due, mainly ,  to the  local effects of an abrup t  change of shear. 

5.3. For  a s t ruc ture  wi th  flexible ribs, under  similar loading conditions,  the stress concen- 
t ra t ions  are considerably  inc reased  and  can be as m u c h  as 100 to 150 per  cent  greater  than  the  
theoret icaP.  : 

The  results indicate  tha t  the concent ra t ions  would  still be considerably  above those calcula ted 
even if the  torque  were applied as a ' Ba tho  ' distr ibution.  

5.4. An abrup t  change of shear  at the  engine nacelle, applied by  equal  loads at  front  and  rear  
spars, leads to stress concentra t ions ,  at  the  spars, on the  general  stress pa t te rn .  These can be 
increased b y  as m u c h  as 50 per cent  at  the  loaded section due to rib flexibility. Taylor ' s  theory  
gives an approximat ion  to the  mean  of the  stress concent ra t ion  across any  section a l though  
exper imenta l  results  differ widely  from the  mean,  being at a peak  on the  spars and  reversing in 
sign at  the  centre  of the  section. The theoret ical  2 ra te  of die away  along the  spars is m u c h  grea ter  
t han  t ha t  found exper imenta l ly .  

5.5. For  the case of the combined  loading considered here, wi th  the  par t icu lar  geometr ica l  
features of the  engine loading frame, the  local ab rup t  change of shear  at  the  spars is much  less 
t han  t ha t  under  the  so-called pure  torsion case. In  pract ice  this means  tha t  the  m a x i m u m  stress 
concent ra t ions  p roduced  by  overhanging  engine loads ~11 not  exceed those ca lcula ted  b y  
Will iams's  theory  by  as m u c h  as suggested in 5.3. The figures, 100 to 150 per  cent ,  quo ted  there  
are reduced  to approx ima te ly  70 per  cent  whilst  for the  stiff-rib model  the  m a x i m u m  increase is 
of the  order  of 20 per  cent,  i .e . ,  at  the  lower end  of the  range quo ted  in 5.2. I t  should  be empha-  
sized t h a t  these figures are increases of the  theoret ica l  concent ra t ions  which  m a y  themselves  be 
of a small  order.  
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T A B L E  1 

Measurement of Rib Stiffness 

Case  
number Loading conditions 

C 
Io Ib ( Model5 i and 2) 
15 ib (Moael 3) 

l 
0 

Relative rotation of the rear 
spar to the bottom surface at 

the first rib outboard of 
engine loading frame 

Model 1 

0.93 

0.92 

Model 2 

0"94 

0 '95 

0"85 0.82 

Model 3 

0"97 

0"76 

1 "01 
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T A B L E  2 

Percentage concentrations 

P l o t t i n g  s y m b o l - - F i g s ,  9,  10,  1 I 

P l o t t i n g  s y m b o l  
F i g s .  5,  6, 7, 8 × G 

G a u g e  n u m b e r  1 2 

1 1 - - 4 " 1 9  + i " 0 8  

2 1 + 0 " 9 4  - - 0 ' 7 1  

3 1 + 2 " 2 0  + 0 " 6 4  

I 2 

, 2 ~ , 2 

3 ,~ 2 

1 ~ 3 2"38  + 4 " 2 6  

2 ~ 3 - - 0 " 5 9  + 1 " 5 5  

3 3 + 0 " 2 4  - - 0 " 0 6 1  

1 4 + 2 - 2 8  + 2 " 2 9  

2 4 + 2 - 5 2  + 2 " 9 2  

3 4 - - I ' 3 :  - - 1 " 4 9  

N 

3 

+ 0 . 2 8  

+ 4 . 9 6  

+ 2 . 8 6  

O 

+ 7 " 1 2  

+ 2 - 2 6  

+ 0 - 5 3  

- - 0 " 9 2  

- -  1 ' 66  

4 

A X 

6 7 

- -  • 1"50 + 5 ' 7 0  

- -  . - - 3 ' 4 0  4 1 4 ' 3 2  

- - 2 " 3 1  + 7"64 

+ 2"98  

+ I 1 " 9 0  

+ 4"58  

9 8"57  + 

n - - 5 - 6 5  + 2 0 . 1  

- - 1 - 9 4  + 1 1 " 4 1  

+ 0 . 2 0  - -  2"54 

- - -  1 - 8 6  - -  5 " 6 3  

- -  . - - 2 - 1 7  - -  3 ' 0 6  

x 

8 9 

+ 4 . 1 5  - - 2 , 1 0  
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FIG. 3. Model 3 rigged for pure torsion test. 

I Y'u 

q 

. . . . .  ~6.5 

~ ~'~" 

~'[l{~s oN MOOF.L |. 
,~ITION$ ON 

MO~L~ M5 

X - 5"30" ON M~r:F.L J. 
- 5"65" ON IvleOEL~ ~ t, 3 

5.6t 

! 

I 

J 
~0"~  

IS ° 

SECTIONS 

E~NE LC~NG F ~  

I I b - I  

1 ~7" ; i 
- -  ie..,'5 " ~  " ~'-~ 11"7" L ~'G" e ~" 
~ l ~ .  ~--,,,.T l--i~.~. : ,v ~ ~ ' ~  

"~( "B" "C" ~A~-: NOS. 0 TOP 5URF~.CE 

F'-~ BOT'n)A 5~Fk~ 

ENCASTJ 
EN0 

FIG. 4. Key to strain-gauge positions. 

11 

/ 
/ 
/ 
/ 
/ 
/ 
/ 
/ 



~lC 

STRE58 
CONCENTRATION 

PER. CENT C 

-hO 

~RONT ~PAR 

REAR SPAR b ,,o,  .A:I 
6TREES \ THEORETiCAl. 

PER CENT 
O * 3030 I TiP 

+ IN5 FIN ROOT 

| 
FRONT 5PAR (E NACEL~.E 

MODEL t 

+ 

i ~Jo~  2o l-,P 

• tlkCELLE 

MODEL 2 

#I0 
6TRES5 

CONCENT~AT~N 
PER CENT 

0 I 

- I O  

'~EAR 5PAR, 

_LY 
~ONT gPAR ~E NACELLE 

MODEL "3 

FIG. 5. Comparison of experimental results 
with theoretical concentrations 

under loading Case 1. 

'T=, NACELLE 
REAR SPAR 

CON.CEN'TRATION 
PER CENT 

0 
0 IO 

FRONT SPAR 

THEOKETtCAL ' 

ITEP 

a MODEL 1 

- - ]  KEY To GAUBE 
POSITION 

~NACELLE ; 
REAR SPAR +I0 • x+~  

5TREES 
EONCENTRATION 

PERCENT ( ; ~ i ~ 3 ~ T T I P  

FRONT 5PAR °l MODEL 2 

+10 

~TRE56 
CONCENTRATION 

PER CENT 

-IO 

NACELLE REAR 5PAR 

FRONT SPAR MODEL 3 

FIG. 6. Comparison of theoretical concentrations 
with experimental results obtained as a combination 

of loading Cases 1 and 4, i.e., approximation to pure torque. 

12 



+3C 

i ~ ~CELL; 

I x " 

+IC R~R SPAR 

! o T, i 

. 

-EO 

-30 

MODEL 

FIG, 7. Comparison of experimental results with theoretical concentrations under loading Case 3. 

CONCENTRATION 
PER CENT 

0 LO 

-5 

~CELLr~ I I 
THEORETICAL CONCENTRATION TIP 

INiFROM ROOT 

MODEL 5. 

KEY To qAUq{ 
+ 5 ~ R351TION5 

I .I I I 
5"rRE55 1 ~I ~NACELLEI I CONCENTRAT'ON I °1 T I t 

PER CENT O ~  

-5 

MODEL 2 
zl 

FIG. 8. 

+5 

5TRE55 
CONCENTRATION 

PE~ C~NT 
0 

&NACELLE 

x 
A. 

TIP 

ROM ROOT 

MODEL 3 

Comparison of experimental results with theoretical concentrations under abrupt 
change of shear (loading Case 4). 

1 3  



~ ÷IC 

TOP6KIN 

-IC 

5 

' ~ ,  IN5 ~,FT 
o~ 

%, 
MODEL 

LOABIN~ 
CASE N- ~ I 

-IO- 
BOTTOM 5KIN . /  

IN5 AFT 
oF ¢. 

8 

SECTION 'A' POINTS THUS A 
'B' " + 

THEORETICAL CO~ENTI~ATIOIi 

\ >,.,o '%o~,~,E~,,o~ .,o .,~- 

-~ 0'6\  *~ 4 o ._., s~o. ~ ^ -  

] , ,  
-;o ,L~o~E~ 1 -,o- -{0 ~ MODEL ' MODEL 

LBAOIN~ LOAOIN~ \ I LOkOiNa 
CASE N?~I CASEI N°'S ~,1, ~sE No,~ 

FIG. 9. S t re s s  c o n c e n t r a t i o n s  across  sec t ions  ' A ' a n d  ' B ' (see FIG. 4) for  Model  1. 

",~ \ +;0-] U U ~_ / "~loJ FROM 

:B 
TOP6~IN '~ 

~t. MODEL ~ MODEL 
LOAI:)IN~ I LOAOINQ [ 
CASE N91 CA~E N -a 

BOTTOM 5RIN 

-IO - 

/ 

-~a ~NSAFI;OF~ !~ ,, 

/ 
/ 

REPORT 

~ECTION 

-tO J 

LOADIN~ 
CASE N9 

I 
-tO -i 

1 
SECTION 'A' POINT5 "[HU5 & ] 

~ !  ____: l 
I 

THEOI~ETIC~L CONCENTFATION ÷10 t 
FROM | 

TAYLOR$ RE,t~O~T (~ECTION A iIE(~UQI~) 

~ MODEL 

~l  [ LOADIN~ 
CA~E N94 

-10- 

+10 

FIG. 10. S t re s s  c o n c e n t r a t i o n s  across  sec t ions  ' A ' a n d  ' B ' (see FIG. 4) for Model  2. 

14 



To,5 ,0! o! 
MODEL ! MODEL 

LOADING ] LOADINQ 
CA~E N~ o I 

" ' ° i  " '° i  

FIG. I1. 

THEORETICAL CONCENT~ATION~ 
Fi~OM WII HAI',lg I~ EPOR 1. C j..l~f, lO~._(~)k +tO- 

MODEL 
LOAI]INq 

CABE Ng~ CA6E N93 

-IO- / 

I ~ECTION 'A' POINT5 THU,5 ~, 
'la" • + 

'C' - x 

THEOETICAL CONCENTRATION 
FI~OM TAYLOR'S I~EPO~ 
(SB:TION X NEQLI~ISLE) 

-I0 - 

MODEL 
LOAD~N(~i 
CAE N?4 

- I O -  

+10- 

St ress  c o n c e n t r a t i o n s  across  sec t ions  ' A ', ' 13 ' a n d  ' C ' (sea FIG. 4) for mode1 3. 

8000 

Z 

o:i 
J 

Z 

I-- 
Z 

2~ 
o 

LO 
Z 

Z 
IJJ 
a:l 

6000 

4000 
UL/~'TION 

E PERIIENT 
~000 ~ ~  TIP 

o so ~ / 

FIG. 12. E x t r a c t  f r o m  R. & M. 1775. 

(41842 ) Wt.52 K7 9/57 

Printed in Great Britailt m~der the authority of HE~ M,~jl.:s'rv's S'rKrlor~Ela,- OFVlCE 
By F. I"~IILDNER & SONS, LONDON 

15 



R. & M. No. 306; 

Publ icat ionof  the 
Aeronautical Research Council 

ANNUAL  T E C H N I C A L  R E P O R T S  OF THE A E R O N A U T I C A L  
R E S E A R C H  C O U N C I L  ( B O U N D  V O L U M E S )  

1939 Vol. I. Aerodynamics General, Performance, Airscrews, Engines. 5os. (5IS. 9d.). 
Vol. II. Stability and Control, Flut ter  and Vibration, Instruments, Structures, Sea- 

planes, etc. 63s. (64s. 9d . )  
194o Aero and Hydrodynamics, Aerofoils, Airscrews, Engines, Flutter, Icing, Stability and 

Control Structures, and a miscellaneous section. 5os. (5IS. 9d.) 
1941 Aero and Hydrodynamics, Aerofoils, Airscrews, Engines, Flutter, Stability and Con- 

trol Structures. 63s. (64s. 9d.) 
1942 Vol. I. Aero and Hydrodynamics, Aerofoils, Airscrews, Engines. 75s. (76s. 9d.) 

Vol. II. Noise, Parachutes, Stability and Control, Structures, Vibration, Wind 
Tunnels. 47s. 6d. (49 s. 3d.) 

1943 VoL I. Aerodynamics, Aerofoils, Airscrews. 8os. (8IS. 9d.) 
Vol. II. Engines, Flutter, Materials, Parachutes, - Performance, Stability and Con- 

trol, Structures. 9os. (92s. 6d.) 
1944 Vol. I. Aero and Hydrodynamics, Aerofoils, Aircraft, Airscrews, Controls. 84s. 

(86s. 3d.) 
Vol. II. Flutter and Vibration, Materials, Miscellaneous, Navigation, Parachutes, 

Performance, Plates and Panels, Stability, Structures, Test Equipment, 
Wind Tunnels. 84s. (86s. 3d.) 

1945 Vol. I. Aero and Hydrodynamics, Aerofoils. I3OS. (I32S. 6d.) 
Vol. II. Aircraft, Airscrews, Controls. I3OS. (I32S. 6d.) 
Vol. III.  Flutter and Vibration, Instruments, Miscellaneous, Parachutes, Plates and 

Panels, Propulsion. I3OS. (I32S. 3d.) 
Vol. IV. Stability, Structures, Wind Tunnels, Wind Tunnel Technique. I3OS. 

, (132s. 3d.) 

Annual Reports of  the Aeronautical Research Counci l - -  
1937 2s. (2s. 2d.) 1938 is. 6d. (is. 8d.) 1939-48 3s. (3s. 3d.) 

Index to all Reports and Memoranda published in the Annual 
Technical Reports ,  and separately--  

April, 195o - - R. & M. 2600 2s. 6d. (2s. 8d.) 

Author Index to all Reports and Memoranda of  the Aeronaut ical  
Research Counci l - -  

I9O9--January, 1954 R. & M. No. 2570 I5S. (I5S. 6d.) 

Indexes to the Technical Reports of  the Aeronautical Research 
Council-- 

December I, I936--June 30, 1939 
July I, I939-June 3o, 1945 
July I, I945--June 30, 1946 
July I, i946--December 31, 1946 
January I, I947--June 30, 1947 

R. & M. No. 185o IS. 3d. (IS. 5d.) 
R. & M. No. 195o IS. (IS. 2d.) 
R. & M. No. 2050 IS. (IS. 2d.) 
R. & M. No. 215o IS. 3d. (IS. 5d.) 
R. & M. No. 2250 IS. 3d. (IS. 5d.) 

Published Reports and, Memoranda of the Aeronautical Research 
Council-- 

Between Nos. 2251-2349 R. & M. No. 2350 IS. 9 d. (IS. IId.) 
Between Nos. 2351-2449 R. & M. No. 2450 2s. (2s. 2d.) 
Between Nos. 2451-2549 R. & M. No. 2550 2s. 6d. (2s. 8d.) 
Between Nos. 2551-2649 R. & M. No. 265o 2s. 6d. (2s. 8d.) 

.Prices in brackets indttde postage 

H E R  M A J E S T Y ' S  S T A T I O N E R Y  O F F I C E  
York House, Kingsway, London W.C.2; 423 Oxford Street,'London W.I (Post Orders: P.O. Box 569, 
London S.E.I); I3a Castle Street, Edinburgh 2; 39 King Street, Manchester 2; 2 Edmund Street, 
Birmingham 3; lO9 St. Mary Street, Cardiff; Tower Lane, Bristol, i; 8o Chichester Street, Belfast, 

or lhrough any bookseller. 

S.O. Code No. 23-3062 

R. & M .  No. 3062 


